(2)
p(t)t ^ 0 vteR , but otherwise {p)t is not subject to any growth condition.
In this paper we discuss the existence of a solution of equation (1) in Wh>'(G) Π LT(G).
Many papers appearing recently have studied equations and inequations involving strongly nonlinear elliptic operators of the type (1) . For equations we mention among others [1] , [2] , [7] ; in [1] and [2] the existence of a solution in W™ >g (G) when the operator sf has arbitrary order 2ra is established under the additional hypothesis:
Given e > 0, there exists K ε > 0 such that
(3) p(t)s g εp(s)s + K ε [l + p(t)t]
Vί, s e R
[3], [9] among others deal with strongly nonlinear inequations in W mg (G) .
For an operator Szf of second order, [4] proves the existence of a solution in W\ q {G) under the sole condition (2). Finally let us mention that the existence of bounded solution of other strongly nonlinear equations and inequations has been discussed in [8] . However it seems to us that the technique of this paper is different from ours; it consists of multiplying the equation with a nonlinear expression of u; it also seems that our method when applied to some concrete cases yields different results in the sense that we only require the functions in the right hand side of (1) for i = 0,1, , ra; a.a. a eG and V(^, ζ) e RxR".
(iii) For a.a. xeG and bounded 57,
α^^OCi/dCI + ICr 1 )
•«> as |ζ| > C ondition (5) implies that the semilinear form (G) . This can be done by partially repeating and slightly modifying the proof given below for the case q ^ n. We also note that if q > n then q* > n/(q -1) so that the theorem holds if f t ,f,k(x)eL»(G)(i = l, ••.,*). So let us suppose that q ^ n. For each positive integer N we denote by p N (t) the function Since s/ has property (ikf), it follows that J^tc = χ -p^) i.e. ϊ^u = χ. It is clear that T N is also bounded and hemicontinuous. 
The mapping T N : u -> J/u + p N {u) from Wl q (G) into W~i q \G) is of type (M). In fact, consider a sequence u ά -^uin
We now find a bound for the LΓ-norm of u N . Taking v = n N in (9) and bearing in mind that p N (t)t ^ 0, we obtain from the coercivity condition (8) that (10) \\u N \\ w ι^{ G) < C here and in the sequel C denotes various constants independent of N. Next we take in (9) v
where h ^ 1. If we denote by A h the set {x\x e G, u N (x) > h} then 1 [a^x, u N 
Therefore, taking into account the coercivity condition (8) and condition (5), from (11) we obtain
We now make use of the well known inequalities
We then deduce from (12) that 
we obtain a bound from below for u N (x). Thus (17)
We now pass to the limit as N-> oo. Because of (10), (17) and the Sobolev imbedding theorem, we can extract a subsequence of positive integers, still denoted by {N} for convenience, such that with ueL°°(G)nW I wish to thank the referee for a number of helpful suggestions.
